PAP AN PE HOC SINH G101 CAP TRUONG MON TOAN 11. NAM HQC 2023-2024

lc(%ud) a)Giai phuong trinh  2X—Xx? +4/6x2 —12x+7 =0. Pat T =+/6x*-12x+7,T >0
2_
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2_ T=-1L
L T 0oT6T-7=0 & ()
— T=7
=1-242
Vi T =72 6X 12X+ 7= T e X’ 2x 70| X~ 17 2V2
x=1+22
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b) Giai h¢ phuong trinh Xy axty=4
X(X+y+D)+y(y+1)=2
2— =
Hé trén < (x+y)2 2+ X+ 4.Da_“1tS:x+y,P:xytadu:qc
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Nt ,
S?’-P+S=2 P=-2|P=-2
{s:o {x+y:0 x=v2 |x=—=2
+ = = ;
P=2"ly=2 " |y-—~2'l y-2
S=-1 X+y=-1 x=1 [x=-2
+ S S ;
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Két luan PT trén ¢6 4N 1a (v2,—+/2),(~/2;4/2), 1, -2),(-2,1)
cau | @) Voibdnsda, b, x,y bitky, taco bat dang thirc Cauchy-Schwarz:
2(5d) | (ax+hy)’ S(a2 +b2)(x2 +y2) )

Ap dung bt dang thuc (1) , ta co

H =[a(2—bc)+\/§.\/5(b+c)}2 <(a? +2).[(2—b6)2 +2(b+c)2} =(a+2).(67 +2).(* +2)
Ap dung bt dang thic AM-GM, ta c6

(a*+2)(6* +2)(c* +2)=%(a2 +2).3(b* +2).2(c* +2)

< 1{(&2 +2)+3<b2 +2)+2(c2 +2)}3 =1[a2 +3b? +2¢? +12J3 36

6 3 6 3

Tur d6 suy ra H><36.Suy ra -6<H<6.




Céau 3
(4d)

Mit khac véi a=2, b=0, c=1thi a* +3b*+2c¢* =6 vd H=6.
Véi a=-2, b=0, c=—1thi & +3b*+2c* =6va H=-6
Vay MinH=-6 khi a=-2, b=0, c=-1.
MaxH =6 khi a=2, b=0, c=1.
b)
Theo bat dang thixc AM-GM, ta c6

a+§22,/a-g =4:>%(a+gj23, ddu dang thic xay ra khi va chi khi a=2

b+§22 /b-%:6:>%(b+§j23, dau dang thirc xay ra khi va chi khi b=3

e+ Z,fc-% =8:>%(c+§j22, ddu dang thirc xay ra khi va chi khi ¢ =4

c
Cong ba bat dang thirc cling chiéu, thu duoc §+9+E+§+i+ﬂ >8 (1)
4 2 4 a 2b c
Mat khéc, do a+2b+3c>20 nén %+g+374025 (chia hai vé cho 4) (2
A A A 3A: LA 3 9 4
Cong (1) va (2), ve doi ve, ta dugc L=a+b+c+—+%+—213.
a c

Dau dang thtc xay ra khi va chi khi a=2,b=3,c=4. Vay gia trj nho nhat cua biéu
thirc L bang 13, dat duoc khi a=2,b=3,c=4.

Taco: f(x+y)=f(X)+y="Ff(y)=fO)+y Vyel. = f(x)=a+x voi a=f(0).

f(l): f(0)+1:a+1 VX #0.
X X X

Mat khac f (Ej
X

_ f(x) _ f(0)+x:a+x

Vx=0 .
x? NG NG

1 a+x

—at+-=—> =0 a=avx=0<a=0.
X X

Vay f(X)=x Wxell.




Cau
4(5)

Ta biét IH =3.1G (H Ia truc tam tam giac ABC)
Suyra H(31) = pt MH:=—=2— < x-y-2=0.

Do B la giao cua (d) va duong thang MH nén toa d6 B la nghiém cua hé:

X—y-2=0 x=1
=S = B(L-1).
2x+y-1=0 y=-1

Goi N 1a trung diém cua AC. Khi d6 BN = g@ =N (5;1)
MN =(L-1)
Nac = (L)

Taco ptAC:1(x—5)+1.(y-1)=0<x+y-6=0.
Do A thude dudng thang AC nén A(t;6-t),
két hop voi | 1a tam duong tron ngoai tiép tam giac ABC nén

IA? = IB? & (t—4) +(6-t)° =1o@ﬁ i

+) Véi t=3=A(3,3),C(7;-1)
+) Véi t=7= A(7;-1),C(3;3)
Vay A(3,3),B(L-1),C(7;-1) hoic A(7;-1),B(L-1),C(33)




*Chu y : Céc cach lam khac cua hoc sinh dung : cho du s6 diém.




